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Where Do We Stand On
Closely-Held Firm Valuation?
William P. Dukes

ABSTRACT

This paper contains a review of issues pertaining to the valuation of privately held businesses, noting
significant inconsistencies in the rationale and approaches taken in the valuation process. In addition
to suggesting that appraisers stay with the “tried and true” rather than testing the obsolete, it may be
desirable for an experiment to be conducted with a “friends of the Tax Court” idea, in which a few
select extremely well qualified appraisers offer assistance in the Tax Court’s deliberations on valua
tion issues.

INTRODUCTION
With some 25 million businesses in operation, and less than one-half o f one percent traded in
any meaningful way, the need for valuations of small and/or privately held businesses is large and
increasing. Valuations will be made, in many cases required to be made, for various reasons, i.e. sale
of a minority stock position; sale o f the entire business; going public; estate, gift and inheritance tax
purposes; the formation of a limited partnership; or valuation for the purpose of forming an Employee
Stock Ownership Plan (ESOP) and annually following the startup of an ESOP. However, the magni
tude of the need is dwarfed by the lack of consistency in the valuation process.
The appraisal of individual assets can be accomplished but is much more appropriate when a
firm is being liquidated or assets are being sold individually rather than valuing the business (the full
package of assets) as a “going concern”. The summation o f market prices of outstanding securities
requires a market that is not available for closely-held businesses.
The concept of valuation based on capitalization or the discounting of prospective earnings
was summarized by Dewing (1953) years ago as follows: “In spite of the practical difficulties of
determining a definite and precise value for a specific business the capitalization of earnings is the
only means at our disposal for the value of a going business.” Not only is the literamre clear, but the
law is well established. In a series of decisions, the U.S. Supreme Court has laid down the rule that
the value of a business depends primarily on the expected future earnings of the enterprise. In the
Galveston, Harrisburg and San Antonio case, Justice Holmes said that, “The commercial value of
property consists of the expectation of income from it.”
The position taken by Bonbright (1937) is that, “The theory is that the present value of any
object of wealth is simply a discounted or capitalized valuation of the anticipated services derivable
by the owners of wealth.”
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Revenue Ruling 59-60 (1959) requires the finding of a “fair market value” for the trade, sale, or
exchange of assets. Without transactions between a willing buyer and a willing seller, there must be
a way to satisfy the requirement of fairness.
The purpose of this paper is to review prevailing concepts and practices in the valuation of
small and/or closely-held businesses and offer a suggestions for consideration. The first part involves
a discussion o f various methods of valuing businesses with special attention given to three approach
es found to be given more attention than considered practical. This part ends with a review of empir
ical tests made of a fairly broad number of valuation approaches. The second part includes consid
eration of the approaches and factors needed to estimate capitalization/discount rates used in the val
uation process. The third part pertains to the various discounts applied to “as if actively traded” val
ues to reach the level of value considered appropriate in the literature. The fourth part contains a
review o f tax court findings, which sets the stage for the final part that contains suggestions and rec
ommendations on what can and should be done to assist the tax courts and the taxpayers.
METHODS OF VALUATION
According to a classical authority (Bosland 1963), the value of a business enterprise may be
determined by four methods: 1) summation of appraisal value of individual assets, 2) summation of
the market prices of the outstanding securities, 3)capitalization of realized or prospective earnings,
and 4) some combination o f these three methods.
There are a number of different approaches to valuation used by appraisers. In a survey of members
of the American Society of Appraisers (ASA) and the Institute of Business Appraisers (IBA), Dukes,
Bowlin and Ma (1996) identified ten approaches which were reported to be used in the process of
valuing privately held businesses. They are:
1.
2.
3.
4.
5.
6.
7.
8.
9.
10.

Present value of cash flows, after salary, before interest and taxes
Present value of cash flows, after salary, interest and taxes
Present value of income, after salary, before interest and taxes
Present value of income, after salary, interest and taxes
Present value of dividends or draw
Multiple of sales
Multiple of income, after salary, before interest and taxes
Multiple of income, after salary, interest and taxes
Comparable firms
Book value

The IRS Valuation Guide (1994) lists ahemative approaches, as shown below.
1.
2.
3.
4.
5.
6.

Adjusted book value
Comparable price
Excess earnings
Capitalization of earnings
Discounted fiiture earnings, and
Discounted cash flow.

A comparison of these valuation approaches is shown in Exhibit 1. The valuation approaches shown
as ASA/IBA are those suggested in the survey and marked by the practitioners as the methods they
used in the valuation process. The approaches listed in the IRS Valuation Guide pertaining to the dis
counting of cash flows, capitalization or discounting of earnings, comparables and book value are
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quite similar. The IRS Guide describes no approach which uses earnings or cash flow on a before
interest and taxes basis. Recognition is given to the fact that most small, closely-held businesses do
not pay regular dividends but the IRS Guide as well as Revenue Ruling 59-60 recognize “dividend
paying capacity” and very few AS A/IBA members use the present value of dividends or the draw. The
multiple of sales is more often used as a cross check or verification of reasonableness rather than a
valuation approach by practitioner and not shown as a method of valuation by the IRS Guide. In spite
of the IRS repudiation of the “excess earnings” approach some appraisers continue to believe that the
approach has merit.
Exhibit 1
Comparison of Valuation Approaches
ASA/IBA Survev Approaches
IRS Valuation Guide
PV cash flow, after salary, before interest & taxes
None similar
PV cash flow, after salary, interest & taxes
Discounted cash flow
PV of income, after salary, before interest & taxes
None sunilar
Multiple of income after salary, before interest & taxes
None similar
PV of income, after salary, interest & taxes
Capitalization of earnings.
Multiple of income, after salary, interest & taxes
Discounted future earnings
PV of dividends or draw
None similar
Multiple of sales
None similar
Comparable firms
Comparable Price
Book Value
Adjusted book value
None similar_______________________________________ Excess earnings_____________

In the sections that follow, we will examine several of the more popular methods of valuation in more
detail. Specifically, we will consider the methods of (1) book value, (2) market comparables, and (3)
excess earnings. (The valuation approaches involving earnings capitalization and discounted cash
flows are not included because few if any appraisers ever question the validity on using these tech
niques.)
Book Value
In a survey of small companies, each of which had stock repurchase plans. Block (1985)
found that the most important measure of market value was book value, pcirticularly when no formal
outside appraisal was made. There is a tendency by some— including analysts who should know bet
ter—to believe that book equity represents market value. In the extreme, equity ftands may be invest
ed in assets that are not productive, or, in some cases, is invested in assets capable of producing prod
ucts for which there is no longer a market. It is not unusual for firms which are growing to sell at
multiples of book equity, in many cases at five to ten times the dollar amounts shown in the equity
section of the balance sheet.
Based on the survey by Dukes et. al (1996), book value is recognized as practical by about 12 percent
of the ASA/IBA respondents, but is given relatively little support in the literature or by most practi
tioners, except when adjusted in a very significant way. Longenecker (1983) states that “it is univer
sally agreed that book value is not a reliable indicator of asset values” and cites court cases as justi
fication (Hicks 1974; Estate of Charles H. M. Atkins 1951; and Estate o f Huntsman 1976). Other
authors suggest using adjusted book value for firms owning substantial natural resources and for
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financial firms (Walker and Petty (1986); and Bonbright, (1937)). Pratt (1986, 1996) recognizes that
some practitioners use book value and that Revenue Ruling 59-60 (1959) requires “consideration” of
book value, among other factors, in the valuation process. In a more theoretical way, Ohlson (1995)
uses book values as a primary value indicator. He suggests that book value is an approximation of
market value when adjusted for any abnormal earnings, and other information. He uses accounting
data to “re-express the present value of expected dividends formula as being equivalent to book value
plus the present value of expected abnormal earnings.”
Market Comparables
Market comparables, market approach, guideline public company method and even compara
ble price approach all carry the same meaning, which is to develop value measures or standards based
on firms which are similar to the closely-held firm being valued, but have securities that are actively
traded. If comparability requirements can be met, measures such as price-earnings ratios, betas,
growth rates, risk measures and other financial ratios can be applied to the closely-held firm in the
valuation process.
The difficulty and even misuse of market comparables for valuation purposes can be demonstrated
by an anecdote. Not many years ago an IRS agent selected five companies as “comparables”, with
comparability defined as the raw material for the manufacmring process which was a plastic base.
Two of the firms selected were in financial distress with low recent earnings and consequently high
P/E ratios. In the agent’s eyes these firms were similar because they were manufacturing products
from plastics.
Miles (1993) has developed axioms of business valuation, including “Comparable does not
mean identical,” and “Comparable means both similar and relevant.” Clearly “identical” goes much
too far to be reasonable and “Similar and relevant” appear to leave the door open for different inter
pretation.
Among other factors, the price-eamings (P/E) ratio is influenced by risk (however measured)
and expected growth of sales and earnings. Appraisers tend to use the P/E of the comparable firm,
usually much larger and actively traded, and invert it to use the E/P ratio to capitalize earnings.
Besides normalizing earnings, as most agree, the inverted P/E is most critical and should be as close
to “identical” as possible in view of the extreme sensitivity of value to the capitalization rate.
To apply the market comparable approach in valuing a firm, we have to decide on what dimen
sions we should use to compare the firms. Pratt (1986) indicated that comparability covers the asset
mix, age of assets, accounting policies, comparative capital structures, return on equity, and size.
Similarly Plutchock (1985) argues that comparability means the same line of business, same size
range, similar capital structures, and vital financial ratios, especially those concerning earmngs, and
stock which is freely and fairly traded.
Longnecker (1983) reinforces Pratt and Plutchock by stating that “comparability will depend
on many factors, including similarity of product line, risk, size, capital structure, competitive posi
tion, reputation, management ability, and growth prospects.”
Pratt (1996) later referred to Tallichet (1974) in which the court emphasized “guideposts in
determining comparability” which included: 1) capital structure; 2) credit status; 3) depth of man
agement; 4) personal experience; 5) nature of competition; and 6) maturity of the business.
In Estate o f Victor R Clark (1976), Pratt (1996) quoted the court as saying that it is “impera
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tive that the characteristics of the subject company and the purportedly comparable company, relevant
to the question of value be isolated and examined so that a significant comparison can be made.” The
factors cited by the court were: 1) Products; 2) Markets; 3) Management; 4) Earnings; 5) Dividendpaying capacity; 6) Book value; and 7) Position o f company in industry.
A summary of the foregoing factors used to indicate comparability is shown in Exhibit 2. The five
views of comparability leave a similar message to all appraisers - you may not assume comparabili
ty by merely finding other firms that are actively traded and use market data from the traded firm in
the valuation of the closely-held firm. As different as the listing appears to be for the five views the
appraiser is cautioned that no one factor is adequate to assume comparability. Four of the five say
capital structure is important; three out of five stress size, product line and management; two out of
five stress financial ratios and competition. Without placing a weight on each factor, the appraiser is
advised to do some homework before making an assumption of comparability.

In looking at the relationship between firm size and valuation, Peters (1995), observed that the
price/eamings ratios for firms valued at less than $25 million were 26 percent less than those valued
at $ 100 million or more. However, a $100 million firm is still small. In relating price/eamings ratios
of firms over $ 1 billion in value, the analyst should consider the size differential and the impact on
the assumed (comparable) firm to the much smaller firm. Miles (1992) reports mean P/E ratios for
various sized small businesses, ranging from 1.66 for a firm $49,000 or less, up to a P/E of 4.26 for
firms $500,000 to $1,000,000. A plot was made using IBA Market Data Base of “actual sales of sev
eral thousand closely-held businesses” of smaller size firms. The plot confirms “a definite upward
trend in P/E ratios as company size increases.”

Because the P/E ratio has been shown to increase with size, the choice of a firm or firms or
even the industry P/E ratio selected as “comparable” could very well result in wide variation in the
value findings. Exhibit 2 contains a listing of factors important to the choice of the firm or firms
considered to be comparable. The lack of special care in selecting discount rates, P/E ratios, betas
and other variables from “comparables” could cause considerable variability in valuations reported.
Numerous authors [McCarthy and Healy (1971); Eber (1984); Plutchock (1985); Sherman (1994);
Leach (1998); Tibegien (1987)] among others and most of the authors testing the “excess earnings”
approach recommend using “comparables” as the primary source of valuation variables.

Excess Earnings/Formula Approach
The “excess earnings” approach is based on the assumption that an analysts can determine
what part of the economic income comes from tangible assets and establish that rate of return, and
then determine what part of the economic income comes from intangible assets and determine the rate
of return appropriate to be applied to intangible assets. Frequently, the advise is if you have trouble
making that determination use 8 to 10 percent for tangible assets and 15 to 20 percent for intangible
assets. Users of this approach appear to believe that the capitalization rates in 1920, 1931 and 1998
will be the same.
Mastracchio and Lippitt (1996) used larger, actively-traded securities to make a tie to market
data in their regression analyses to estimate price/eamings ratios separately for the larger companies.
The authors then estimate the returns on both tangible and intangible assets which they use to support
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the “excess earnings” method of valuing small firms. It would appear that the advise to discontinue
use of this approach from Pratt (1986), Schih (1984), Plutchock (1985), Longenecker (1983) and
Eber (1984) was given little consideration in determining that the “excess earnings” is a superior
method. In their evaluation of the accuracy of appraisal methods, Harper and Rose (1993) listed four
teen different approaches, without mention of the “excess earnings” approach. (Do they deserve a
Gold Star?) The appraisal industry would be better off without this approach.
The “Excess Earnings” approach to placing a value on a closely-held firm appears to have
wide acceptance and considered to be one of the most “misused” approaches to valuation. The
approach was developed and published in 1920 by the U.S. Treasury Department, Appeals and
Review Memorandum Number 34 (ARM 34). Justification for the approach was that “Prohibition”
caused those firms in the business of producing alcoholic beverages to lose “goodwill” value. The
design was to be able to distinguish between the value of the earning assets and the value of those
intangible assets, such as goodwill.
In 1968 Revenue Ruling 68-609 (RR 68-609) stated that “The ‘formula’ approach may be
used in determining the fair market value of intangible assets of a business onlv if there is no better
basis available for making the determination.” In brief the “formula” is to determine a return on tan
gible assets “prevailing in the industry,” which if it is not available, “a percentage of 8 to 10 percent
may be used.” The 8 to 10 percent return on tangible assets is deducted from the average earnings of
the business. The remainder is assumed to be the average annual earnings from intangible assets,
which are capitalized at 15 to 20 percent to determine the value of intangible assets.
Any number of researchers have reviewed the “Excess Earnings” method of appraisal.
Peterson (1989) indicated that the excess earnings method is used widely, with questionable accura
cy, but he had a preference for capitalization of earnings “which is as accurate as any method.”
Kurzman (1988) called it an industry method but provides little support for its use, even though he
explains how it can be used. Kissin and Zulli (1988) gave recognition to the excess earnings approach
(or the Treasury method) and illustrated the approach by using 10 percent as the normal return on net
tangible assets, and 30 percent to capitalize earnings allocated to intangibles. The excess earnings
approach is recommended by Howard (1982), Crandall (1985) and Hayes and Finley (1989), with
some embellishment over the revenue ruling description. The probability of consistency and accura
cy are quite low.
Ledereich and Siegel (1990) refer to the “formula” method as “a superior approach” and in
1990 use the 8 percent remrn on tangible net assets to illustrate use of “excess earnings” methodolo
gy as a valuation approach. In the illustration the authors apply a multiplier of 4 to “excess earnings”
(equivalent to a capitalization rate of 25 percent.)
It appears reasonable to ask how the “excess earnings” approach proponents would value
“intangibles” if the return for the firm being valued was less than the normal earning used in the val
uation process. Zero value could be possible for the value of “intangibles”, but if return on assets
were less than the “normal” return, could this amount to a negative value for the intangibles?
Pratt (1996) quotes the denunciation of the “excess earnings” approach by the IRS as relegating the
“formula to a position of being a last resort” and that the approach “resulted in many improper
appraisals,” such as “the same value would be found in 1960 as in 1933,” at least partially because
“the rates of return which are applied to tangibles and to intangibles are completely arbitrary and have
no foundation in fact....” The expectation is “to get a good answer based upon two bad guesses.”
Schih (1984) appears
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to agree with Pratt (1996) as to the worth of the “excess earnings” approach by his statement that
“One method that should be excoriated is the excess earnings/formula approach.”
Since the “excess earnings” approach has been repudiated by the IRS, questioned by some
[Peterson (1989); Kurzman (1988)], and castigated by some of the more experienced appraisers [Pratt
(1996); and Schilt (1984)], the excess earnings approach should be eliminated from valuation
approaches considered to be valid. It appears as though the economic environment is assumed to be
the same whether the country is in a recession, deep dark depression, or in a raging bull market.
Many of those supporting the approach fall back on a “normal” asset earnings rate of 8 to 10 percent
and 15 to 20 percent appropriate for the excess earnings. It is inconceivable that these rates could
apply to every company in every industry and in every economic environment. The assumption
appears to be that all earnings assets will have the same earnings rate and likewise all intangible assets
will have the same earnings rate. Using these unrealistic assumptions will “resuh in ...improper
appraisals.” [Pratt 1996]. Use of such a controversial approach will not give confidence to a valua
tion.
Rules o f Thumb
The term “Rules of Thumb” refers to various observation, ratios and relationships that
have evolved from actual sales of small businesses, and were passed on initially by word of mouth but
in more recent times can be received from business brokers and trade associations. Partial credit for
development of the “rules” has been attributed to the inadequacy and inaccuracy of financial state
ments by many small businesses. For the most part the “rules” are intended to be supportive of val
uations, not replace them.
Taub (1993) finds agreement with certain tenets offered earlier by Wright (1990) regarding the mis
application of rules of thumb. For Taub, rules of thumb are overly simplistic; they should never be
used alone; and they are useful as a rough cross-check against other approaches and methods.
However, by dint of usage, they have the tendency to become self-fulfilling prophecies. As Taub
notes, “Rules of thumb probably had their origin in the actual buying and selling of small business
es, where through a certain amount of observation of actual sales, the rules gradually evolved and via
word of mouth became known by buyers, sellers, business brokers, trade associations and publica
tions.” (Taub 1993, p i3).
Testing o f Models
A number of researchers have examined the relative accuracy of the various valuation
approaches. Waldron and Hubbard (1991) found a range of values from $6 million to $17.5 million
for the same firm, depending on the approach taken. Miles (1993) reported results of a poll of 64
business appraisers that indicated an error range across different methods of 10 to 25 percent, with a
mode of 17 percent and an average of 22 percent. Pratt (1989) indicated that the high end of a value
range may be 50 percent or more above the low end.
Mastracchio and Lippitt (1996) performed a comparison of the excess earnings approach to
the capitalization of earnings. With a smaller sample and a restriction placed on the size of the value
of firms included, the authors used regression analysis (regressing value on earnings) to estimate the
price-eamings ratio for each of six industries to be used in the capitalization of earnings model. The
regression technique was also used to estimate the returns on tangible and intangible assets for each
of the six industries. This procedure ties the rates used for the excess earmngs model to market deter
mined discount rates, all using large firms. The authors conclude that “the excess earnings model
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provides results that are superior to those of the earnings capitahzation model®”. The research by
Boatman and Baskin [1981] and by Schilt [1984] are reported to be more favorable for the capital
ization of earnings model in both cases,
Hickman and Petry (1990) compared valuation models by differences between values pre
dicted and actual values. Harper and Rose (1993) and Hickman and Petry (1990) used the same basic
approach to comparing valuation techniques, except that Harper and Rose excluded litigation-related
valuations. ). Furthermore, Harper and Rose evaluated 14 methods of valuation, compared to seven
for Hickman and Petry. Harper and Rose’s tests covered ten industrial categories, and Hickman and
Petry used three categories but also covered three different time periods. Finally, Harper and Rose’s
data base was closely-held businesses, which is more relevant in the valuation o f small privately-held
businesses, compared to Hickman and Petry’s sample o f large, publicly held firms.
For Harper and Rose, the poorer methods included capitalized revenue (36.88% error), and
unadjusted book value (-35.47% error). The two best methods were combinations of capitalized earn
ings and adjusted book value (61 firms, 5.99% error) and capitalized earnings and comparable sales
(10 firms, -6.32% error). It was also noted that “Consultants with prior experience and academic fac
ulty were found to have the smallest errors and standard deviation of errors” (Harper and Rose, 1993.)
Hickman and Petry (1990) tested muhiple versions of Gordon’s model [value = Dj/(kg-gj^)],
and the two stage Gordon’s model; the Bader case model: value = [.5(EPS)(P/E) + .25 (company
dividend yield industry dividend yield) + ,25 (.625 book value)]; the Central Trust case model:
V=[.5(EPS)(P/E) + .3 (company dividend yield industry dividend yield) + .2 (book value)(book to
market)]; and a cross-sectional P/E model (regressing beta, expected growth, and payout using mar
ket data for three industries at three different time periods, against P/E). The range of errors report
ed were quite large. The poorest results are indicated by the largest mean absolute error (MAE) as
shown below:
Approach Used
Models
Gordon single stage
Gordon two stage
Bader and Central Trust
P/E models

Mean Absolute Error

25.96
20.48
9.33
6.17

Multiple of P/E

4.21
3.32
1.51

Another illustration of inconsistency is shown by Fejer (1995) collecting Value Line data for
18 firms in the same industry as the closely-held firm being valued. From the list of 18 firms, the
analyst selected 5 firms, stated to be the smallest, when in fact only two of the five were in the small
est category. The smallest five firms (not the five used) were about 6.7 times the size of the closelyheld firm. The average size of the 18 firm sample was 16 times the size of the private firm. Based
upon the arbitrarily selected firms, the following three ratios were used to value the firms.
•
•
•

Price/Sales
Price/EBDIT
Price/Book

The results are provided in Exhibit 3. In looking at the exhibit, we note the following:
1. The use of a price/sales ratio to value the selected sample, showed a smaller average over
valuation, but with a very large range from a negative 44.28 percent to a positive 158.24
percent.
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2.

The application of the Price/EBDIT ratio to the selected sample shows an overvaluation on
average approaching 50 percent, but that ratio was still used to estimate the value for a
closely-held firm, which was less than 16 percent of the size of the sample firms used. Could
size be part of the problem?

3.

In the application of the Price/Book (Market/Book) approach, the standard deviation
(37.39%), and mean (13.84%) are relatively small, but the coefficient of variation (2.7) is by
far the largest of the three processes, which means that it is the least predictive of the three
on a relative basis.

The unreliability of these approaches is further shown by the high unexplained variance. These vari
ances, as reported in the original research, are presented in Exhibit 4.

Approach
Price/Sales
Price/EBDIT
Price/Book Value

Exhibit 4
Approach Reliability
Variance .
Variance
^
Explained
Unexplained (1-R -)
.0003
.9997
.2296
.7704
.2679
.7321

Some researchers have also looked at the valuation accuracy of different analysts. In studies
by Waldron and Hubbard (1991) and Hubbard and Waldron (1988), appraisers were categorized as
either investors (defined as entrepreneurs, venture capitalists, and investment bankers) or consultants
(valuation consultant, business appraiser, and CPA/consultant). Thirty business valuation experts
were asked to conduct a case study leading to the valuation of a small avionics firm, which had been
sold for about $18.5 million. Participants were requested to assign a value to the firm and explain
the valuation approach applied. The same package of information was provided to all participants
and included the information considered sufficient for most business valuation approaches. All o f the
investor group assigning a value did so using an earnings multiple. Members of the investor group
who assigned a value to the avionics firm project, based on an earnings multiple approach had a mean
value of $8.85 million. In contrast, the consuUant group assigned a mean value o f $13.17 million
using either an earnings multiple or a discounted cash flow approach - they were evenly divided
between the two approaches. The variability in the key variables (i.e., multipliers, discount rates and
cash flows) was quite large. The range of sales prices was $6 million to $17.5 million, with an aver
age of $ 11.15 million. Thus the consultant group assigned mean values almost 50 percent higher than
assigned by the investor group, but about 30 percent below the actual sale price.
In Bader vs United States (1959) tlie valuation by the Plaintiff’s expert for Bader stock was $428 per
share, after taking a 25 percent discount for nonmarketability. The Government placed a value on the
stock of $1,405 per share, after taking a 15 percent discount for nonmarketability and the Court’s
value was $642 per share after a 10 percent discount for nonmarketability. In the Central Trust
Company case (1962), the donor applied a price of $7.50 per share and three experts for the donor
found values ranging from $7.88 to $9.50. The Internal Revenue Service Commissioner set the value
at $24.00 per share and the defendants expert estimated the value of $21.85 per share. Following the
approach use in Bader(1959) various weightings were given to a muhiple o f earnings, dividend yield

139

The Journal o f Entrepreneurial Finannce 6 ( 1 ) 2001

and book value. The court allowed a value of $15.50 per share by following the Bader approach and
applying a discount for nonmarketability of
12.17 percent. As indicated by others the court value ($15.50) came very close to “splitting
the difference” between the taxpayer ($7.50) and the IRS ($24.00).
In summary, the confidence that we can have in any technique used to value a privately held
firm is limited at best. As Miles (1993) observed in his axioms, “appraising, by any method, is not a
highly accurate process.” Furthermore, usefulness of dividend discount models could be called in
question in valuing closely held firms, most of which do not pay dividends. Also, some prefer to
believe that they can find usable market data from multibillion dollar firms to apply to firms with a
size of less than $25 miUion, and avoid the advice provided by Pratt (1986), Plutchock (1985),
Longenecker (1983) and others as to what “comparable” means in trying to find price-eamings ratios
to apply in valuing small businesses. The good news is that appraisal accuracy could well be
improved by the use of relatively simple models that show smaller errors and fit the requirements of
closely-held firms. Harper and Rose (1993) found that “adjusted book value, capitalized earnings
and past transactions produced lower error estimates of share values.. An application of these tech
niques should provide greater accuracy because their research was conducted on small, closely-held
firms.
From the most relevant empirical findings, reported by Harper and Rose (1993), the single
approach that appears to be the most acceptable is capitalized earnings which is both simple to apply
and more accurate than any other individual approach. It must be realized, however, that financial
statement adjustments must be made prior to the use of earnings as stated. In addition to capitalized
earnings, when truly comparable market data are available, use of market data such as the P/E ratio
to be applied in combination with capitalized earnings would be very desirable. In like fashion rela
tionships from truly comparable firm s sales transactions or market data could be most beneficial.
The real problem is in finding realistically comparable firms. When the appraiser has high confi
dence in the quality of growth of earnings, the discounting of future earnings of five to seven years,
or the discounting of cash flows would be most appropriate. It is misapplication of a technique to
gather market data from multi-billion dollar actively traded firms and expect data to be comparable
to a small closely-held firm. In addition it would be misapplication of a technique to use “rules of
thumb” as the sole approach to value a closely-held firm. To use the “rules” as a comparison or cross
check for other techniques could be acceptable. The variability in value using acceptable techniques
is quite high but misapplication of various approaches is no better than a shot in the dark.
DETERMINING A CAPITALIZATION RATE

A “capitalization rate” was proposed by Graham, Dodd and Cottle (1962) many years ago, for
“capitalizing” a stream of earnings which are expected to grow at some specific rate. The capital
ization rate can be considered to be a required rate of return or an opportunity cost. If the funds avail
able could be applied to an alternative investment, the opportunity cost concept comes into play.
Brigham and Gapenski (1996) state that “The discount rate (capitalization rate) should reflect the
return that could be earned by investing the fiinds in the best alternative investment opportunity of
similar risk” and that “the expected rates of return on financial assets are usually used to set the
opportunity cost rate for all investment decisions.” Pratt (1996) and McMullin (1986) agree that a
discount rate and a capitalization rate are defined in a way similar to an opportunity cost when refer
ring to a “rate of return available on alternative investment opportunities with comparable risk.”
In distinguishing between discount rates and capitalization rates, Gilbert (1990) defines the
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difference as a “steady-into-perpetuity” growth rate, clearly following Gordon’s growth rate used in
his “constant growth” dividend model. With “k” as the required rate of return and “g” the constant
growth rate “k-g” becomes the discount rate for a growing stream of benefits, whether earnings or
dividends. In those situations in which there is no groulh in earnings and/or dividends the divisor
shown by Gordon’s model still works with g=0. With no growth, the required return becomes a
capitalization rate. [See Sliwoski (1992)].
The most popular choice in determining a required rate o f return is using a risk-free rate plus a risk premi
um, and the eamings-to-price ratio of similar firms is a distant second choice (Dukes et al, 1996).

Risk-Free Proxy
Brigham and Gapenski [1996] and Harrington (1987), among others, believe that Treasury Bill yields
are not true market yields and that Treasury Bond returns more adequately reflect long-term inflation
and other aspects of long-term holdings of equity securities, but rather the nature of the difference
calculation. More than 60 percent of practitioners responding to a question pertaining to the use of
a “risk-free” proxy, selected a yield on Treasury bonds. (Dukes, et al, 1996). Pratt (1996) elects to
use a “long-term Treasury bond yield, such as the 20-year Treasury bond,” as the “risk-free” compo
nent. Approximately half (51%) of the academics selected Treasury bills as the “risk-free” proxy
(Dukes, et al, 1996). Martinez-Cuevas (1995), Melcher (1994), Miles (1982) and Fishman, et al
(1995) follow the practitioners choice of “a long term treasury bond yield.” Gilbert (1990) states the
issue in a more general way by stating that “the standard choices are U.S. government treasury bills,
notes or bonds.” Hickman and Petry (1990) used long-term government bonds in their efforts to esti
mate a required return for testing the accuracy of various valuation formulas.
Equity Risk Premiums
King (1994) defines the equity risk premium (ERJP)as:
ERP = V - R f
where

expected return on a fully diversified portfolio of equity
securities.

Rf

= the rate of return on a risk-free investment.

This appears to be the conventional approach used by many practitioners, including Pratt
(1996, pp. 165-175). Another measurement, as provided by Ibbotson (1997 ),departs from conven
tion. To illustrate, Ibbotson Associates reports the following return information for 1926-1997 as fol
lows;

Large Company Stocks
Long-Term Government
U.S. Treasury Bills

Geometric Mean
11%
5.2
3.8

Arithmetic Mean
13%
5.6
3.8
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Standard Deviation
20.3%
9.2
3.2
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Using the conventional measurement, the equity risk premium would be:
ERP = R ^ - R f =. 13 -.056 = .074 = 7.4%
In contrast, Ibbotson computes the risk premium as follows:
ERP =

1+/?/

1.056

= 1.07008 - 1 = .07008 = 7.008%.

The Ibbotson approach follows the well known “Fisher effect” as described in Van Home
(1994). The 39.2 basis point difference (7.4 % - 7.008%) can make a significant difference in the val
uation process. This inconsistency, using identical data, is cause for concern.
There is no doubt that the “equity risk premium” fluctuates with the changes in market returns
and interest rates. Further, there is no question about the application being a forward view, or what
is expected. There is, however, a question about which data best represents that forward look.
Generally speaking, the longer the time period the more likely the data base will provide a reasonable
guide to the future. Selecting different time periods can provide different “equity risk premiums rang
ing from 3.7% to 7.2% (King, 1994). King also provides six different estimates of future market per
formance ranging from 1.3 percent to 6.5 percent. If we drop out the unreasonably low ERP estimate
of 1.3 percent the average is 5.14 percent, using the same estimates calculated following the above
Ibbotson approach yields an average ERP of 4.82 percent. If King used a risk-free rate of 5.5 percent
in calculating the ERP, the range would be 3.51 percent to 6.82 percent. It appears as though the
“guessing” at time periods provides little if anything more than having five different “guesses” for
various time periods. Thus, the issue boils down to which approach provides the most confidence to
the analyst.
In an efficient market context, expected return distributions are formulated by investors. “The
observed remrn for period t + 1 is drawn from a return distribution that remains constant through
time. Furthermore, the return for each time period is independent of the return in the previous peri
od. Statisticians refer to these properties...as returns that are identically distributed and independent.”
Sears and Trennepohl (1993 p 206). Thus, there is little justification for using six different estimates
ala King, rather than the Ibbotson long-run averages.
Beaver, Kettler and Scholes (1970), Brigham and Gapenski (1990), Beaver and Manegold
(1975), Gonedes (1973), and De Thomas (1985), among others, have suggested approaches to esti
mating a proxy for the market beta for closely held firms, all using accounting data. In the practi
tioner literature, however, no one was found to use the market beta proxy, other than “assume beta of
one” when beta is not available (Mercer, 1989, p. 150).
A “build-up” approach is another way used to determine the appropriate risk premium for smaller
firms. The “build-up” is the sum of the risk free rate, the equity risk premium and a small cap pre
mium, when needed. However, the approach does not rely on a stock’s beta to estimate the equity risk
premium, using instead an industry beta for “comparable” companies (Pratt 1996, p. 165). For a com
parison of the “build-Up” capitalization and discount rate procedures, see Melcher (1994).
DISCOUNTS FROM VARIOUS VALUES
The IRS Valuation Guide (1994) defines lack of marketability “as the absence of a ready or
existing market for the sale or purchase of the securities being valued.” If one has an asset that is
illiquid because of a lack of demand, too much supply, or restrictions placed on the owner, recogni
tion must be given to these factors and, consequently, a reduction in price may be required in order to
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sell the asset. Most valuations of closely-held businesses begin with an “as if actively traded” price
(as if the security in question is traded on the New York Stock Exchange), but since the asset is illiq
uid, a reduction in price is necessary to attract buyers.
Key Man Discount
Maher (1977) suggests that the loss of a key man substantially increases the risk to a company and
that the required rate of return used in the valuation process could be increased by 30 percent if a suc
cessor has not been identified. If a successor has been identified but could take up to five years to
develop, the increase required by a willing buyer could amount to 20 percent. A 30 percent increase
in the required return would amount to a discount of about 23 percent. Longenecker (1983) cites a
court case in which the court cut a 20 percent discount to 12 percent (which would translate into a
required return increase of about 14 percent. Pratt (1996) cites a court case in which a 25 percent
“key person” discount was recognized.
Minority Interest and Premium fo r Control
It should be clear that an owner or majority interest owner has control over a business in a very
substantial way. A controlling stockholder can name himself/herself President and CEO, his/her
spouse as Vice-President and Chief Operating Officer. The owner can determine salaries for all
employees and hire or fire anyone, anytime, change the functioning in any way desired, or even liq
uidate the business. All day-to-day activities are under control of the majority owner. This amount
of control is priced by the market. Actively traded stock is minority interest stock. In LBO’s, merg
ers, and acquisitions, the price paid for the right to appoint management, determine compensation, set
policy, acquire assets, award contracts, sell or acquire treasury stock, declare and pay dividends and
change the articles of incorporation, among other functions, is generally called a premium for con
trol.
For any particular security, the dollar amount of the premium for control and a minority inter
est discount is the same. Assume that the control value of a business is $100 and that a minority inter
est price is $80. The “premium” for control is $20 or 25% premium over a minority or actively trad
ed interest (20/80 = .25 or 25%). From the control value of $100, a minority interest discount is $20
(20/100 = .20 or 20%). The difference between a minority interest and the control value, in this case,
is $20, and going from control value to a minority interest, the base is $100 so the discount is 20%,
but going from a minority position to the control value the base is $80, so the premiimi for control is
25%.
For the time period 1985-1994, Mergerstat Review (1994) reported that the average “premium” for
control paid in mergers and acquisitions amounted to 39.52 %. These data include 2501 transactions.
This premium for control of 39.52% can be converted into a minority interest discount, as follows:
PremiumPaid
■= minority interest discount
1+ PremiumPaid
.3952
1+.3953

.3952
= .2833 or 28.33%
1.3953

If an appraiser is concerned with valuing a minority interest with the control value known, he/she
should apply the minority interest discount of 28.33% or multiply the control value by (1-minority
interest discount). ( 1-.2833) = .7167. However, many prefer to use median data rather than averages.
The ten year median for the control premium of the 2501 transactions is 31.24%; therefore the minor
ity interest discount for the ten year time period would be:
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.3124
= .2380 or 23.80%
1.3124
Discount fo r Lack o f Marketability
Whether called illiquidity, nonmarketability or any other term that means being difficult to
sell, an asset or business that is difficult to sell may require a substantial discount to attract buyers.
Elliott (1993) illustrated a discount for lack o f marketability with a listmg of nine independent stud
ies all pertaining to restricted stock (letter stocks) transactions. Elliott reports the results of the SEC
Institutional study covering 1966-1969 with an average discount for restricted stocks of 25.8 percent.
The SEC study reports average discounts on the purchase of restricted common stocks on various
markets. The average discount for shares on the New York Stock Exchange was 20 percent, for the
American Stock Exchange 24 percent; and for OTC the discount varied from 27.28 percent to 33.58
percent depending on the qualification of the dealer. A grand mean for the various markets was 26
percent, for the time period January 1, 1966 through June 30, 1969. The weaker the market the larg
er the discount.
Gehnan (1972) reported the purchase o f restricted securities in the 1968-1970 time period for
four large closed-end investment companies. The purchases were made either directly from the com
pany or in some cases from selling stockholders. The 89 public companies involved both over-thecounter and listed companies. The average and median discounts for the 89 stock purchases was 33
percent.
Trout (1977) reported 60 purchases during 1968-1972 by six mutual funds that purchased
restricted securities. Using regression analysis with highly significant results, he reported an average
discount for the restricted stock purchases of 33.45 percent.
Moroney (1973) claims that “Most Courts Overvalue Closely Held Stocks” and supports this
contention with 146 blocks of restricted securities with discounts on purchase as high as 50 to 90 per
cent on various lots and an average overall of 35.6 percent. These were discounts from quoted mar
ket values of the same corporations’ unrestricted stock of the same class, following “a hard-nosed,
arm’s length bargain” involving cash purchases. These cash discounts for lack of marketability were
compared with court allowed discounts of 10 percent in Bader. 10 percent in Worthem. 12 percent in
Central Trust Co. 20 percent in Bartram. and none over 35 percent. Even when the Internal Revenue
Service recommends/allows very small discounts, the courts have the record of cash discounts up to
90 percent (Moroney 1973) yet end up finding “fair market value” to be the arithmetic mean of the
tax payer s value and the IRS’s value, with a correlation of .9873. (Englebrecht and Davison, 1977 p.
397.) Longenecker (1983, p. 41) reports this as “splitting the difference.” Court actions should be
more sensitive to pricing and less sensitive to the amount of taxes recommended by the IRS.
Maher (1976) cited mutual fund purchases of restricted securities in the time period 19691973 and found discounts averaging 35.43 percent. As part of the data used to calculate the average,
discounts were as high as 75.66 percent in 1969, 60.53 percent in 1970, 39.64 percent in 1971, 61.31
percent in 1972 and only a single block of restricted securities trading with a discount of 66 percent
in 1973. It should be recognized that the economy was in a recession in 1969-1970 and an even deep
er recession in the 1973-1974, which may have a bearing on the amount of the discounts and the low
number of transactions in 1973. Maher concludes that the marketability discount should average
about 35 percent.
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Silber (1971) reports an average discount of 33.75 percent for a sample of 69 companies, with
a high discount of 84 percent for the time period 1981-1988. He found a direct relationship between
the amount of the discount and the amount of restricted stock relative to publicly traded stock and an
inverse relationship with the credit worthiness of the issuing company. Under the Sec’s Rule 144,
holders of restricted stock are required to hold the stock for at least two years.
Standard Research Consultants (1983) reported an average discount of 45 percent for the time
period 1978-1982. Willamette Management Associates (unpublished) reports average discounts of
31.2 percent during 1981-1984 These two studies were also reported in Pratt (1996, p 343).
All of the restricted stock reports follow the SEC Rule 144, which requires a holding period
of two years. More recently some restricted stock sales “off shore” have been permitted to sell the
restricted shares in as little time as two months under the right circumstances.
As compelling as this extensive research appears relative to restricted stock sales, there is not
a single report of closely-held firms issuing restricted stock. With restricted stock (letter stock) the
probability is very high that the stock will be marketable in a relatively short time period, but close
ly-held firms, for the most part, have little if any chance for marketability, now or in the future.
Considerable variability would be shown by the use of different studies.
Much more relevant for evaluating a discount for lack of marketability is the research done by
Willamette Management Associates and the so called Baird studies (Emory 1995) covering the time
period 1975 through June 1995 as reported in Pratt( 1996 pp 344-348). Their studies relate the prices
of private transactions to the prices of public offerings of the stock of the same companies (Initial
Public Offerings-IPO’s). Emory’s work covers the time period from 1980 through June 1995 and
reports a median discount from the IPO price of 46 percent for 219 transactions. Willamette
Management Associates conducted 12 studies over the period 1975-1992. The discounts from the
public offering prices, adjusted for changes in industry stock price indexes, ranged from 39.1 percent
to 80.5 percent with a median of 62.11 percent for 879 transactions. Willamette also compared 503
private transaction price-eamings multiples to the public offering multiples, adjusted for changes in
industry price-earning multiples, with median discounts ranging from 31.8 percent to 74.4 percent
and averaging 51.4 percent. These
are the studies that should be used as benchmarks for discounting lack of marketability. Closely-held
businesses do not issue restricted stock but a few could be fortunate enough to go public.
VALUATION AND THE COURTS
Englebrecht and Leeson (1978) provided evidence of the extent of the influence of Bader
(1959) and Central Trust (1962) on subsequent cases involving valuation of closely-held firms for gift
or estate tax purposes. The evidence is not compelling because of 18 cases identified, only eight pro
vided sufficient data on the factors contained in Bader which were needed. Through regression analy
sis they showed that the association between court determined value and the value computed using
the Bader weighting of earnings, dividend capacity and book value was a very high correlation of
.9663, at a high level of significance. The same approach was used for cases following Central Trust
and the correlation between court determined value and the value computed using the Central Trust
approach was .9668, at a high level of significance. It appears as though Bader and Central Trust have
had much influence on subsequent cases of the 44 percent of the cases for which data were available.
The duplicating of methodology approach is in spite of the strong statement against the
approach by Revenue Ruling 59-60, which says that such “result cannot be supported by a realistic
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application of the significant facts in the case except by mere chance.” Evidence is available that
shows little value is added by including assets and dividends to the approach (LeClair, (1990 p. 39).
Longenecker (1983) even cites three court cases to make the point that “it is universally agreed that
book value is not a reliable indicator of asset values,” as indicated earlier.
Englebrecht and Davison (1977) reviewed Tax Court valuations of closely-held stock for the
time period January 1950 through December 1974. With multiple valuations in some cases, 74 cases
contained 106 usable valuations. They selected 85 valuations randomly, and used the other 21 as a
holdout sample for later testing to verify the model. The authors used regression analysis to test the
relationship between the Tax Court valuation and the arithmetic mean of the values submitted by the
IRS and the taxpayer. The correlation coefficient of .9873 shows a strong association between the
variables. The correlation coefficient which showed a strong positive relationship between the Tax
Court’s value and the arithmetic mean of the IRS and taxpayer values, was found to be highly signif
icant. The authors recognized and reported that 16 of the Tax Court’s values were identical to the IRS
value, and 14 of the Tax Court s values were identical to the taxpayer s values. The holdout sample
of 21 valuations provided the same strong relationship shown in the regression of the random sample
of 85 valuations.
The authors state that it is “possible” that the IRS could set a high value to maximize taxes,
with which few would disagree. It is also possible that the taxpayer sets a low value to minimize
taxes. Consequently the Tax Court considers these human tendencies by the parties in compromising
between the two extreme positions.
Englebrecht and Davison make a pitch for a “Closely held stock valuation” that eliminates
“subjectivity by focusing on a reasonably unbiased approach to valuation.” The authors are suggest
ing “equity and uniformity among taxpayers.”
The authors empirical work provides support for much earlier theories o f Hart wig (1955),
Bosland (1963) and Huggins (1973), all of which pertain to courts acting as arbitrators or compro
misers in finding values which were approximately equal to the mean of the values of the taxpayers
and the IRS.
Bromley (1979) challenged the statistical work of Englebrecht and Davison (1977) without changing
any of their conclusions pertaining to a compromise position taken by Tax Courts, as found by others
previously cited. Englebrecht’s (1979) response provided additional data to support the compromise
theses, in addition to citing the work by Johnson, Shapiro and O ’Meara (1951) in which they found
the criteria employed in the valuation of closely held stocks to be subjective. In an attempt to devel
op a valuation model their work “disclosed that there is not a stable relationship between earnings and
price, between dividends and price, or between book value and price.” The lack of stability for P/E
ratios was later confirmed by Bowlin (1961).
WHERE TO FROM HERE?

A desire for direction is suggested in a number of ways over time, none of which have gener
ated activity on the proper level. Bosland (1963) noted “a tendency to compromise defeats justice
when it is substituted for a rigorous application of basic valuation principles.” “The Tax Court tends
to lend credence to this charge by its vague reporting of valuation decisions and by statements such
as the following:” (Englebrecht and Davison (1977).
“We have no deep seated conviction as to what the value of the stock may have been on any
of these dates, but a finding of value is necessary and has been made to the best of our ability. It
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would serve no useful purpose and might convince no one if we were to explain in detail just how our
conclusions were reached.” (Schwabacher (1946)).
Earlier it was shown that Bader and Central Trust had a significant impact on Tax Court actions fol
lowing their decisions, which were based on three factors; earnings, dividends and book value. For
large publicly traded firms, dividends can have a significant impact on value, but for closely-held
businesses, most of which pay no dividends, the issue is clear—^no impact. It is more rationalization
than fact to throw in, “dividend paying capacity.” The use o f book value is put into perspective by
Longenecker (1983) by her statement: “it is universally agreed that book value is not a reliable indi
cator of asset value.” Earnings of a firm are critically important. For courts to give 50 percent weight
to factors that have little or no bearing on value is misplaced judgment, to be kind, but for others to
follow this guide is unforgivable.
The Tax Courts
It appears that Tax Courts recognize the problem they have with valuations of closely held business
es, but could be too proud to ask for help. The natural and logical assistance would be to have Senior
ASA/IBA appraisers, such as Dr. Shannon Pratt and Mr. James Schilt, participate at the request of the
Court as “friends of the Court.” If it were known that a select few Senior Appraisers would act as
“advisors” in the form of Friends of the Court the IRS would use care in how their “specialists” make
valuations, rather than do whatever appears necessary to maximize taxes for a later compromise, as
suggested by Englebrecht and Davison, and likewise the taxpayer’s appraisers would make special
efforts to place a value other than that needed to minimize taxes. Senior appraisers acting as advisors
should permit tax courts to shake off the “splitting the difference” approach that appears to have been
well documented.
The Appraiser
The literature contains numerous suggestions by appraisers, such as Pratt, Plutchock,
Longenecker and others about what to look for and what adjustments should be made to “normalize”
earnings, with very little if any disagreement. The assumption is that there is general agreement on
this issue.
There is much written about what to capitalize and discount, with net income, earnings, cash
flow, and net free cash flow at the forefront. The capitalization and discount rates can be adjusted to
accommodate cash flows and net free cash flows. The literature is replete with support for capital
ization of earnings and for the discounting of earnings. Only when dififering assumptions are made,
will inconsistencies and high variations in value resuh.
In determining the required rate of return, whether following the “Build up” approach or the
CAPM, there appears to be a consensus among practitioners and many academics that long-term
Treasury bonds are the best proxy for the “risk-free rate,” while recognizing that theory calls for appli
cation of the Treasury bill.
While generous use is made of Ibbotson’s “equity risk premium” data, one small problem contin
ues. As discussed earlier, Pratt, King and others calculate the premium by (Rm-Rf), with
Rm = .13 and Rf = .056, ERP = .074. Ibbotson Associates recognize the “Fisher eflt'ect”
and calculate the premium as
Er p ^ 1 + ^ \+ R f

1.056

= 1.07008 - 1 = .07008 = 7.008%.

147

The Journal o f Entrepreneurial Finannce 6 ( 1 ) 2001

The difference of 39.2 basis points in a divisor can be significant. Believing that 39.2 basis
points is o f consequence, it appears appropriate to follow the Ibbotson approach for accuracy if not
for consistency.
The discount for lack of marketability is probably the single most important among the dis
counts that could be taken. The earlier literature related this discount to the many studies pertaining
to restricted or letter stocks because of the availability of data. With citation of actual transactions
with up to 90 percent discounts, courts have been reluctant to grant nonmarketability discounts
amounting to more than a token. For the most part, restricted stocks will be fiilly marketable in two
years to two months, but most closely-held stocks will never be marketable. The more appropriate
studies pertaining to nonmarketability are those comparing prices for sales of closely held firms a few
months before, to the price at the Initial Public Offering (IPO). A few excellent studies have been
made in more recent times that are far more appropriate than the use of restricted stock discount find
ings. Citing the IPO studies appears to be more appropriate, and with proper presentations should be
more meaningful to the Courts.
In general the literature is most impressive and beneficial once we get beyond the insistence of a few
who are still trying to sell a product that is obsolete and inferior to most other products. A narrow
ing of the focus and care in application should bring the inconsistencies and variations down to a
manageable level.
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